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ABSTRACT

The steady-state coordinated operation of electricity networks and natural gas networks to maximize
profits is investigated under market paradigm considering demand response. The components in its
gas supply networks are modeled and linearized under steady-state operating conditions where com-
bined cycle gas turbine (CCGT) generators consume natural gas and offer to the electricity market.
Interruptible-load based and coupon-based demand response virtual power plants are considered trading
in the market like physical generators. A bi-level programming optimization model is formulated with its
upper-level representing the coordinated operation to maximize profits and its lower-level simulating
the day-ahead market clearing process. This bi-level problem is formulated as a mathematical program
with equilibrium constraints, and is linearized as a mixed-integer programming problem. Case studies
on a 6-bus power system with a 7-node natural gas system and an IEEE 118-bus power system with a
14-node gas system verify the effectiveness of the coordinated operation model. The impacts of demand
response based virtual power plants on the interactions between the two networks are also analyzed.

1. Introduction

Electricity generation comes from a mix of various primary
energy resources such as coal, natural gas, nuclear energy, and
renewables. Combined cycle gas turbines (CCGTs), which convert
chemical energy to electric energy, are widely used due to their out-
standing cost-effectiveness, low NO, and SO, emissions, and quick
responses. According to the Annual Energy Outlook 2014 from US
Energy Information Administration [1], the demand for natural
gas in the power sector in 2013 is 232.22 billion cubic meters
(Bcm). This amount is projected to rise to 266.21 Bcm by 2040 in
the reference case in which the gas delivery price is assumed to
be stable. Meanwhile, industry gas demand has been growing
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steadily throughout the decade. With CCGT units being the largest
natural gas consumers outside the industry sector, electricity trans-
mission systems and natural gas supply networks are more closely
tied and are beginning to undergo new transformations.

The linkage of CCGT units between the electricity networks and
natural gas networks in a utility company affect the supply and
demand balance of both networks. On the gas network side, the
fluctuations of industrial and residential demand may introduce
volatility in the gas supply to CCGT units and consequently affect
the daily scheduling. On the electricity network side, demand
response (DR) programs aiming at reducing the electricity con-
sumption at critical high load hours also affect the power output
and the gas consumption of CCGTs, which are usually the marginal
generating units at load peak hours. Hence, opportunities exist for
the utility company to operate the integrated energy system in a
coordinated way such that the overall scheduling is optimized.
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Nomenclature

Constants

of estimated bidding price of non-strategic generator on
bus i

peAs unit price of natural gas at node i

G power flow limit on transmission line !

Cio gas consumption constant coefficient of CCGT unit i

Ciq gas consumption linear coefficient of CCGT unit i

D;; electric demand on bus i at time ¢

ai™ maximum demand of gas load i at time ¢

dnn minimum demand of gas load i at time ¢

F. daily natural gas supply limit

S . . .

G} max upper power limit of strategic generator i

G nax upper power limit of virtual generator on i at time ¢

Gfmax upper power limit of non-strategic generator on bus i at
time ¢

Gfm,-n lower power limit of non-strategic generator on bus i at
time ¢

Gﬁmin lower power limit of strategic generator i

I(m Weymouth factor of pipeline mn

L; number of hours VPP j must stay offline due to previous
states

MD; minimum off-line time limit of VPP j

MU; maximum on-line time limit of VPP j

DPrmax maximum natural gas pressure of node n

Dn min minimum natural gas pressure of node n

RPN ramp down limit of generator on bus i

R ramp up limit of generator on bus i

Rj max maximum compression ratio of compressor j

Rj min minimum compression ratio of compressor j

sp maximum supply output of well i at time t

sTt"" minimum supply output of well i at time t

T daily scheduling time horizon from 1 to 24

GSF,_;  generation shift factor from bus i to line [

Sets

A(j) set of nodes connected to node j

It set of buses having CCGT units

NG, set of nodes having natural gas load, including CCGT
units

Iy set of nodes having natural gas well

I;’?gnp set of natural gas compressors

Ieomp(i)  set of terminal nodes of compressor j
set of demand response based virtual power plants

N set of natural gas nodes

@Y, . ~ dual variables associated with lower limit of virtual
power plant on bus i at time t

Tt locational marginal price of bus i at time t

di¢ gas demand of gas load i at time ¢

di gas demand on gas node i at time t

fejr natural gas flow through compressor j at time t

Fi; fuel consumption of CCGT unit i at time ¢

Gi¢ power output of CCGT unit i at time ¢

G?[ power output of non-strategic generator on bus i

Gft power output of strategic generators

G, power output of virtual power plants

Hj, power consumption of compressor j at time t

Pn nodal pressure of node n

pin. nodal pressure on the inlet node of pipeline mn

pout nodal pressure on the outlet node of pipeline mn

R;; compression ratio of compressor j at time t

Sit gas output of gas well i at time ¢

Vit power output of virtual power plant j at time ¢t

Wi, natural gas cost of CCGT unit i at time t

WMy, gas flow in pipeline mn

Pnt gas imbalance on node n at time t

AN, incidence matrix between natural gas loads and gas
nodes

A?;,G incidence matrix between natural gas wells and gas
nodes

Units

GJ gigajoules

kPa kilopascal

Mcm thousand cubic meters

Variables

o3 bidding price for strategic generator on bus i

of bidding price for strategic virtual power plant on bus i

At dual variable associated with network power balance

e dual variables associated with line [ flow upper limit

unin dual variables associated with line I flow lower limit

@9, .. dual variables associated with upper limit of non-

strategic generator on bus i at time t
w? . dual variables associated with lower limit of non-

1,t.min
strategic generator on bus i at time ¢
@7, e dual variables associated with upper limit of strategic
generator on bus i at time t
@3, n  dual variables associated with lower limit of strategic

generator on bus i at time t
Y, dual variables associated with upper limit of virtual
power plant on bus i at time t

In this paper, we consider a utility company that operates an
integrated energy system that consists of a power plant and a
gas network. The power plant consists of CCGT units and DR based
virtual power plants. The gas network contains gas wells at the
supply side and residential, industrial and CCGT units on its
demand side. In a broader range, this company must strategically
offer its generation at a price (or following a piece-wise price
curve) to independent system operator (ISO) or a regional trans-
mission operator (RTO) (see Fig. 1). The market operator clears
the day-ahead market generation offers and load bids on a social
welfare maximization basis. As for the money flow, this company

pays for natural gas purchases and receives payments at the rate
of locational marginal pricing (LMP) for each megawatt-hour gen-
eration output.

This paper focuses on the steady-state coordinated operation of
the integrated energy system in an electricity market scheme,
while taking into account the impacts of DR based virtual power
plants. We formulate a bi-level optimization programming model
that describes the utility company’s motivation to maximize its
profit by participating in the electricity market at the upper-level
and simulates the market clearing process performed by the sys-
tem operator at the lower level.
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Fig. 1. Structure of the coordinated electricity and gas networks.

At the electricity network side, the DR based virtual power plant
(VPP) behaves in the same way as the CCGT units and offers to the
market at an optimum price. The offering prices of other genera-
tors as well as the total load level are obtained from forecasting.
We recast the lower-level problem as its Kuhn-Karash-Tucker
(KKT) optimality condition, and plugged it into the upper-level
problem to form a mathematical programming with equilibrium
constraints (MPEC). This model is linearized with the non-linear
terms replaced with primal and dual variables, and is re-
formulated as a mixed-integer programming problem (MILP).

At the natural gas supply network side, gas wells, pipelines and
compressors under steady-state operation are modeled. Wey-
mouth equation [2] is adopted to describe the natural gas flow
through the pipelines, while the compressor model is also repre-
sented by its compression ratio and its power consumption. Due
to the fact that the Weymouth equation and the compressor flow
equation are both non-linear, they would become extremely slow
to solve with the integer variables from the electricity network
model. Therefore, adequate linearization techniques are utilized
to maintain the linearity of the model with satisfactory accuracy.

The rest of this paper is organized as follows. Section 2 reviews
the steady-state operation of gas networks and electricity works.
Section 3 lays out the bi-level day-ahead coordinated operation
problem, presents the linearization of the natural gas network
constraints, and discusses the assumptions and models. Section 4
describes a probability model for the coupon- based VPP and a
deterministic model for the interruptible load VPP. Section 5 pro-
vides the mathematical solution to the MPEC model and the inclu-
sion of VPP probability. Section 6 presents numerical studies of the
model on a small test case and a larger one. Section 6 concludes the
paper and outlines future research.

2. Literature review

Electric power systems have been under competitive market
operation with transmission network modeled over a decade ago
[3,4]. In recent years, the study of gas network along with transmis-
sion network has gained interests among the power community
[5-7]. In [5], a DC power flow model and a detailed gas network
model are used for the expansion planning of combined gas and
electricity network. [6] proposes a long-term co-optimization plan-
ning model of electricity and natural gas transportation infrastruc-
tures under security constraints. A multi-area and multi-stage
model for expansion planning of combined electricity and natural
gas network is introduced in [7] with the considerations of natural
gas flow limits.

For the optimal operation of the gas-electricity network, the
studies on single-time and multiple-period operational optimiza-
tion of the combined gas and electricity networks are investigated
in [5,8-17]. For a single time period snapshot, a combined natural
gas and electricity optimal power flow is presented in [8]. The
steady-state nonlinear gas flow equations and AC power flow
model are considered in the optimal flow model to optimize total

social welfare. Similarly, an integrated natural gas and electricity
optimal power flow is presented in [9] with the objective of mini-
mizing the sum of generating and gas supply costs. Multi-time per-
iod optimal operation is discussed in [10-12]. A multi-time period
combined gas and electricity network optimization model is devel-
oped and demonstrated on the Great Britain network in [11]. A
multi-period generalized network flow model of the U.S. integrated
energy system is presented in [12] for an integrated energy system
including coal, gas and electricity network considering the eco-
nomic interdependencies between the subsystems. A security
based methodology is developed in [13] to solve the security con-
strained unit commitment problem considering the impact of the
coupling natural gas networks.

Typically, in the electricity market optimization, a DC optimal
power flow model, which is linear, is adopted [5,18]. However, nat-
ural gas network model is non-linear, and needs to be carefully
addressed. From the perspective of the solution algorithm, most
of the existing literature tends to use heuristic [9,19] or non-
linear [20] optimization techniques to solve the combined gas-
electricity network model, which is either globally non-optimal
or time consuming.

Under the deregulated market environment in electricity and
natural gas networks, a utility company that supplies both electric-
ity and natural gas [15] should account for the impact of power
market and gas supply systems in the optimal operation of a com-
bined gas-electricity network. The CCGT generators supply power
to the electricity network and, meanwhile, consume natural gas
provided by the gas network. According to the electricity and gas
prices, the CCGT generators can decide to consume natural gas
and sell electricity in the power market, or reduce natural gas con-
sumption when the supply is insufficient [21]. Through the linkage
of CCGT generators, the LMP in electricity market are interacting
closely with the gas price in gas market. The impact of the natural
gas network on the electricity market is of great interest to utility
companies trading on markets operated by an ISO.

In recent years, DR has attracted attention for its great potential
and benefits to system operation [22,23,6]. In the electricity sector,
considerable work on demand response has been carried out in the
electricity market and power system operation. Interruptible-load
based demand response has been proven to be effective to improve
system operating flexibility. The impact of price-based demand
response on market clearing and the LMP in power systems has
been analyzed in [23]. Only a few works considered the DR model
in the optimal operation of combined gas-electricity network.
The hourly economic demand response is incorporated in the
coordinated day-ahead scheduling model of power systems with
natural gas network constraints [6]. None of the above take into
account both of the incentive-based and price-based DR to analyze
their impacts on a coordinated system under the electricity market
paradigm.

To the knowledge of the authors after extensive literature
review, this is the first paper to propose stationary case day-
ahead coordinated operation of gas-electric networks under an
electricity market paradigm and to study the interactions between
the two networks considering DR. The novelties of this work are
summarized as follows:

1. The components in natural gas networks are modeled for steady
state analysis. Linearization for the pipeline flow equation and
compressor flow equation are proposed.

2. A bi-level model is proposed to maximize the day-ahead profits
for the utility company in the upper-level and simulate the
market clearing process in the lower-level.

3. Two DR based virtual power plant models are proposed: time-
constrained IBDR-VPP and probabilistic CBDR-VPP. The param-
eters of CBDR-VPP are derived from survey.



4. The bi-level problem is formulated as an MPEC and transformed
into an MILP by recasting the lower-level KKT conditions as
constraints in the upper level problem.

3. Bi-level day-ahead coordinated operation model
3.1. Modeling assumptions

First, we define the scope of this problem. The day-ahead coor-
dinated operation is a steady-state scheduling problem carried out
on a 24-h time horizon with an hourly resolution. The choice of
hourly resolution is to follow the electricity market offering rules,
and is also sufficient to provide snapshots of steady-state natural
gas networks.

Within this scope, we make the following assumptions:

(1) This model is to be used by a utility company to derive
hourly offering curves and schedule generation outputs for
the day-ahead market, which is cleared 12-15 h ahead.

(2) The utility company pays for natural gas at a fixed rate and
receives payment from the electricity market as well as nat-
ural gas consumers.

(3) Unit commitment (i.e., the determination of whether a unit
should be on-line or off-line) is performed before optimizing
the coordinated scheduling. The unit commitment result is
an input to the coordinated scheduling model.

(4) Gas pipelines are isothermal and natural gas are turbulent
flows. Pipelines are horizontal and only the horizontal veloc-
ity of gas is considered.

(5) Transients in the natural gas networks and its components
are short enough in time duration comparing with the
hourly time resolution so that they are not considered.

Section 3.3 discusses the impacts of these assumptions.
3.2. Natural gas network models and constraints

This section provides steady-state mathematical models for
natural gas network components, including CCGT units, gas pipeli-
nes, centrifugal compressors, and natural gas wells. These compo-
nents are modeled to the extent of providing sufficient details to
study the interactions between electricity networks and gas net-
works in steady-state.

3.2.1. CCGT units

CCGT units are the largest industrial gas load which serve as the
links between the two networks. On the gas network side, the heat
needed by CCGT unit i is given as a function of the generation
output:

Fit(Gi¢) = €i2Gry + €i1Gi¢ + Cio (1)

where G;; is the generation output of unit i at time t in MW, F;; is
the heat consumption in GJ, ¢i»,¢i1 and c;p are the heat rate
coefficients.

Costs for purchasing the natural gas is calculated based on the
actual gas consumption, and the maximum gas supply to the CCGT
units is limited to the contract amount:

Wie(Gie) = pi™ x Fio(Gip),i € I (2)

i ccgt
> Fie<F (3)
it

where p®S is the per GJ cost of natural gas in US dollar, F. is the
maximum daily fuel limit for all CCGT units in GJ.

The efficiency of the combined cycle gas units is not explicitly
used, but it is embedded in the heat rate coefficients of Eq. (1).
Also, the standby gas consumption of CCGT units is described by
the positive coefficients c;o in Eq. (1).

3.2.2. Nodes and pipelines

The natural gas transmission system is made up of natural gas
nodes and pipelines. At each time period, each node operates
within the maximum and minimum pressure range:

pn.min < pn,t < pn,maxv ne N (4)

Natural gas flows through pipelines are dependent on the pipe-
line parameters and the pressure difference. For the low pressure,
small diameter and short pipelines, the Weymouth equation is
used to model turbulent gas flow through all pipelines at each time
period:

WMumn (p;r;n,pout) = K&n

Py 2
mn mn - pomu’g (5)

w

where K;;, is the Weymouth factor, defined by:

d2.67
mn
K\/Zmn8mTLmn

where z,,,, is the compressibility of the flow in pipeline mn, g,, is the
specific gravity of the flow arriving at node m, T is the gas temper-
ature, Ly, is the length of pipeline, d;, is the inside diameter of the
pipeline, and K is a global constant determined by the units used
[24].

In literature [2,13,14]| on steady-state gas network analysis,
constant Weymouth factors are used by assuming the pipeline
inside diameter, the gas compressibility, the temperature, and
the friction factor to be constant. We adopt this assumption since
constant Weymouth factors are sufficient to describe the hourly
gas flow snapshots in the pipelines.

Note that the Weymouth equation is a simplified forms to
describe pipeline flows. Other commonly used forms of simplified
equation are Panhandle equation and Spitzglass equation. The use
of simplified forms are effective provided that the appropriate form
is chosen based on the pipeline characteristics. More discussions
are given in Section 3.3.

KW =

(6)

3.2.3. Gas wells and loads
Gas wells are at the supply end in the natural gas network. The
maximum and minimum gas production for gas wells is given as:

ST < s <SP, el (7)

The gas loads modeled include the industrial, commercial and
residential gas consumers. The gas consumption of the CCGT units
given by Eq. (1) and that of the compressors is also part of the gas
loads on the connected node. The upper and lower limit on gas
consumption is given by:

min max . NG
dip <die <di;™, 1€y (8)

3.2.4. Gas network nodal balance constraint

Gas supplies are modeled as positive injections on the con-
nected nodes, while gas loads are modeled as negative injections.
At each time step, also enforced is the natural gas nodal balancing
constraint that requires the sum of gas injections at each node to
equal zero:

STATsi— > Apeadic =Py =0 9)

icING icNG
i€lgy i€liyag



3.2.5. Centrifugal compressors

Compressors are installed in the gas network to transport gas by
increasing the pressure that is needed to overcome the friction in
pipelines. The prime-mover of the compressor consumes energy
to increase the pressure at the outlet node. Compression ratio is
defined as outlet node pressure over the inlet node. For each per-
iod, it is bounded within the working range:

b NG s
Rj.min < Rj,r = ITn < Rj,max: {m7 Tl} S Icomp ) (]O)
m
The compressor flow is a function of compressor power demand
and compression ratio:

Hic 5 0J € Ly (11)

u(Hie Rje) = ——= 0
fq].[( it ]’t) kz - kl (R]t) o

where Hj, is the power consumption of compressor j,o; is a con-
stant set by the polytropic exponent of the compressor, and k;
and k, are empirical parameters associated with the compressor
design. For each period, each compressor flow is limited to its max-
imum permissible flow rate:

fcj.t < fcj,max (12)

Gas consumption of the compressors is added to the node to
which the compressor inlet is connected. Extra energy consump-
tion by compressors due to the variation of operation conditions,
such as the changes in temperature and gas characteristic, may
occur and increase the nodal gas load, which is not considered in
this paper.

3.2.6. Linearization of pipeline and compressor models

Both Eqgs. (5) and (11) introduce non-linearity and non-
convexity to the model, making it time-consuming to solve and
impossible to find a global optimum. Eq. (13) provides the first-
order Taylor expansion of the non-linear Weymouth Eq. (5) at
the given values PI and PO, in terms of pipeline j connecting nodes
m and n.

WMo (P2 PS) < WMy (P, PO) + a‘g‘;’}f'nn (ol — PI)
WMy , .,
opout (pmnt - PO)» neN, meAn) (13)
mn

Introduce a set of points (PI;, PO)) to linearize the Taylor expan-
sion (13), where [=1,2,...,L is the index of the point. Then
replace the nonlinear Weymouth Eq. (5) with a set of linearized
inequality constraints below:

Pl in _KW PO ot neN, meA(n)

7pmn71(mn7pmn7
\ Plrznnl _Poﬁml V Plﬁml _Poﬁml

where for each pipeline mn, only one of the L inequality constraints
having the best approximation will be binding [2].

The gas flow of pressurized pipes is also linearized with its first-
order Taylor expansion at a fixed point (Hjo, Tt 0, 7no). Also make
sure that the initial compression ratio Ry = 7,0/ is within the
limits of the compressor. The linearized formulation of (11) is
given as:

WM <KW

(14)

H. df . 8f .
fcj,t = *m GI-CIJJ X (Hj.t —H; ) + 07;,111 X (Tme — Tmo)
of ..
+ 8{;: X (Tne — Tno) (15)

where the partial derivatives can be found in Appendix B of [13].
A 50,000-sample Monte-Carlo simulation shows a maximum

approximation error of 0.5% of the accurate value, which is
considered to be satisfactory.

3.3. Discussions on assumptions and models

To model the interactions between gas networks and electric
networks in steady-state operations, assumptions are made and
simplified component models are adopted. Applicability of the
assumptions and the impacts of the simplified models will be
discussed in this section.

Following the industry practice in electricity markets such as
the PJM ISO [25] and the New York ISO [26], the day-ahead elec-
tricity market is assumed to be clearly 12-15 h ahead. Then, unit
commitment of is assumed to be optimized before the coordinated
scheduling so that the on/off state of units are given based on gen-
eration costs, start-up and shut-down costs, maximum on/off time
constraints, and planned outages. The decisions on the on/off states
represented by binary variables are then passed to the coordinated
scheduling program which optimizes the scheduling of units based
on fuel costs only.

The proposed coordinated operation model holds for all unit
commitment inputs. Unit start-ups or shut-downs within the 24-
h period are allowed. The output power of units will be set to zero
during their off-line hours and bound between the range during
their on-line ones. In the objective function, the economic schedul-
ing models do not include the unit start-up and shut-down costs
since they are already taken into account in the unit commitment
[13,25].

On the gas network side, the pipeline is assumed to be isother-
mal and horizontal. Gas velocity along the horizontal velocity is
assumed to be constant. Gas flow through a pipeline is originally
described by the simplified equation having the same form of (5)

but with a different coefficient K, :
5/2
KS _ dm/n
m K\/ Zmngm Tfanmn

where f,, is the (Darcy-Weisbach) friction factor in the pipeline,
which is a function of the Reynolds number and the roughness of
the internal relative roughness (the absolute roughness of the
internal surface over the internal diameter). We will derive
the Weymouth factor from this equation by approximating the
Darcy-Weisbach friction factor.

The Reynolds number of gases, given by (17), is a dimension-
less parameter to characterize the degree of turbulence in gas flow:

QS
du

(16)

Re = K, x (17)
where Q, is the gas flow rate, S is the specific gravity of gas at stan-
dard conditions relative to air, d is the pipeline inside diameter, p is
the gas viscosity, and K; is the coefficient associated with the unit
used. In our case, we assume the natural gas to have a high
Reynolds number (Re > 4000), and the gas pipeline to have smaller
diameter (d < 30 cm) and shorter length (L < 30 km). Therefore, the
friction factor is given by:
1 1
—— =Ky x d, (18)

v

where Ky = 10.3196 in SI units [27]. Substitute (18) into (16) yields
the Weymouth factor given by (6).

The Weymouth equation is most frequently used in gas distri-
bution networks in spite of being less exact. According to [28], this
equation overestimates the pressure drop calculation. It impacts
our model by underestimating the pipeline transfer capabilities
and therefore making the coordinated operation more conservative



in calculating the pipeline flows. When our solution is applied to
an actual system, it will remain feasible and provide margins for
operation.

Other than Weymouth equation for the assumed pipeline type
and operating condition, the Panhandle equation and the
Spitzglass equation are effective approximations in other condi-
tions. For gas pipelines with larger diameter or long runs such as
cross-country transmission pipelines for moderate Reynolds num-
ber gases, the Panhandle equation is recommended. In the low
pressure vent lines, the Spitzglass equation is a more accurate
approximation. An exhaustive discussion on equations for steady
state flow in gas pipelines is given in [27].

3.4. Bi-level model

For the utility company that owns CCGT units, conventional
thermal generators and virtual power plants, we optimize its
day-ahead power output scheduling. Let the CCGT units and ther-
mal generators be the strategic ones (denoted by the superscript S)
and generators owned by other participants be non-strategic
(denoted by the superscript O). The problem to identify optimal
operation strategy for the utility company is formulated as the fol-
lowing bi-level optimization model:

max ;m,t (G5 +Gl) =0 (Wie(G) +xuc) (19)

it

subject to:
RN <Gy~ Gl <RY (20)
Natural gas network contraints (3)—(13) (21)

1,

o . . S V O
{G,-Sp c, mt} carg { Minimize > 08Gj, +» oG, +> o0Gp,
- ! it it it

(22)

S (Gi+Gl+Gh) =D Dt Wt (23)

Gf,min g Gft < st.max : a)?‘t‘minv w?t.maw VIVt (24)

Gi?min < Glot g G?max : wl?t‘mim wl?t.max! VIVt (25)

0 g let < G}./max : wz!{t‘mim w;{t.max? VIV[- (26)
~C < Y GSFi x (Gft +Go 4Gl — D,;t) <q

i
NV T A | (27)
Tic = o+ GSFy (e - ,u,“})} (28)
i

The objective of the upper level (19) maximizes the daily profit
of the utility company that buys natural gas and generates electric-
ity. (20) limits the hourly output ramping for the strategic CCGT
units. The objective function of the lower level problem (22) simu-
lates the market clearing process performed by an ISO which min-
imizes the total cost for purchasing energy from strategic,
conventional and virtual generators. (23) enforces the power bal-
ancing constraint for each time interval. Constraints (24)-(26) bind
the maximum and minimum output for strategic, ordinary, and
virtual generators. (27) constrains the power flow through each

transmission line. (28) derives the LMP for each bus. The notations
on the right-hand-side of the colons of each lower-level constraint
are the associated dual variables.

4. Modeling virtual power plants
4.1. Virtual power plant from demand response

Virtual power plant (VPP), by definition, is an electric power
generation system that can integrate several types of small to
medium scale generations, such as micro combined heat and
power (uCHP) systems, wind turbines, PV, and batteries. The
inclusion of demand-side management further extends the scope
of a virtual power plant. With a sophisticated central energy
management system (EMS), those different sources are coordi-
nated to provide reliable power generation like a conventional
power plant.

DR is a considerable source of virtual power plant capacity
[29,30]. DR programs are categorized into two major types accord-
ing to the response mechanism: incentive-based and price based.
Participants of incentive-based DR programs, such as direct load
control, demand bid/buy-back and capacity programs, usually have
a higher demand comparing to the price-based DR customers. They
sign contracts with utility companies to receive payments for load
curtailment, or directly bid and buy from the electricity market. On
the other hand, price-based, small capacity DR participants are
mostly residential customers, who voluntarily reduce power con-
sumption during higher price periods.

In this section, VPPs are modeled by demand response
resources. Two types of DR programs, i.e. coupon-based DR (CBDR)
and interruptible-load based DR (IBDR), are considered. CBDR is a
subclass of price-based DR in which customers obtain the offered
rebates by reducing load voluntarily. IBDR is a subclass of
incentive-based DR in which customers get compensated from
electricity use interruptions. Note that although this paper only
proposes DR models for VPP, a similar modeling approach can be
taken to include conventional or renewable energy resources for
VPP.

4.2. Coupon-based DR VPP model

To describe the characteristics of coupon based DR (CBDR), the
model focuses on the probability of load reduction level as
functions of incentive time, level and load type. Such characteris-
tics are sampled from the real world to reflect the preferences of
users.

To obtain the distribution of response probabilities for VPP
modeling, a six-step procedure is proposed in [18] which involves
three surveys: 1. Residential Energy Consumption Survey (RECS)
by Energy Information Administration (EIA), 2. American Time of
Use Survey (ATUS) by Department of Labor, and 3. A consumer-
reported DR behavior survey (DRBS) conducted by Center for
Ultra-wide-area Resilient Electric Energy Transmission Network
(CURENT). The DRBS survey collected 177 U.S. residents across
48 states to study consumers’ reactions to financial incentives by
estimating the adoption rates of major DR programs as a function
of the financial rewards.

As an example, the estimated probability distribution of power
reduction in a certain area for a certain time is given. The impact of
the incentive level on load reduction from actual data is shown in
Fig. 2 [18]. For each load level, the load reduction ranges from zero
to 25% unimodally. The mean load reduction increases along with
the incentive level. This probability distribution of CBDR VPP will
be included in the coordinated operation model by different sce-
narios. The scenario-based approach will be given in Section 5.3.
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4.3. Interruptible-load based DR VPP model

Compared to the CBDR, the interruptible-load based DR (IBDR)
is more deterministic from the perspective of availability. The con-
tracts with IBDR customers allow the utility company to interrupt
the load at the contract price k; for a maximum response time of
MU;. Also specified in the contract is the minimum time interval
MD;j between two interruptions. The enforced maximum response
time and minimum interrupt interval requirements of the IBDR are
modeled with a set of mixed-integer constraints expressed as:

L
Zf/j‘t = 07 VJ 6] (29)
=1
l+MD; -1
Z (1= ;) = MDj(Vj-1 — Vjx),
=k

Vje], Vk=L+1,....,T—MDj+1 (30)

T
> 1= v (v — o)) =0,
t=k

Vje], Vk=T—-MD;+1,...,T (31)
k+MU,
(Z y,-‘t) <MU; Vj,Vk=1L+1,...,T — MU; (32)

Eq. (29) sets the initial status for the VPP if it must be off due to
previous operations. (30) requires the VPP to be off-line for MD
consecutive hours once it is shut down. (31) in addition requires
the VPP to stay off-line till the last period if the remaining hours
are less than MD. (32) imposes the maximum on-line time con-
straint for IBDR VPP.

5. Mathematical solution

5.1. Formulation of an MPEC

Max 3 (G + Gl ) - 30 (Wi (G + mieGh) (33)

it it

Contraints in (3)—(13) and (20) (34)

O! 7}f+( itmin ft,min)+Z{GSF’1(:uﬁm :uln;ax)]v VLVt (35)

0 < &y mn L (G = Gloin) >0, ViVt (36)
0 < 0y min L (Gl — G1t) > 0, ViLVE (37)
0< U™ 1> GSFii x (ZG?; - D,;f> +0a =0 (38)
i ¢
0< ﬂmax 1lc— ZGSF,_,- X (ZG:/)[ - Di7[> >0 (39)
i ¢
V¢ € {S,V,0}, ViVt for (35)—(37) (40)

By recasting the lower-level problem with its KKT optimality
conditions (35)-(39), the bi-level optimization problem is trans-
formed into an MPEC formulation. Non-linearlities in the both
the objective and the constraints should be converted to linear
ones in order to formulate a solvable MILP problem [31].

5.2. Mixed-integer programming solution

The goal of converting the MPEC into an MILP is to eliminate the
nonlinearities in (33)-(37), which include:

(1) the product term ni‘[(nyt + G}_’t) in the objective function;
(2) the quadratic costs W;,(-) in the objective function;
(3) the complementary conditions from KKT in (34)-(37).

The complementary conditions can be linearized with the
method in [32]. The linearization of (2) and (3) are stated in Appen-
dices A and B. The final mixed-integer linear programming prob-
lem, equivalent to the MPEC in (33)-(37) is formulated as:

Max ZTC” lt+G ) Z(W (Glst)+Kit XGIY[)

it

_)ZDM_Zwltmax lmax+zwltm1n i,min

n 2 U (=Cr+ > GSFii x Di¢)
i

+ Zumax Cl — ZGSF[,I' X Di,t) - ZOC,%GO
: -

it

ZWL (G

- 2 Kie % G{y) (41)
it
subject to:
Contraints in (3)—(13), (35), and (B.1)—(B.6) (42)
Contraints in (29)—(32) (43)
< pmin g Mmln Z‘}", VI, vt (44)

0<Ci+ Y GSFrix (G = Die) <Mp™(1-umz), WLve  (45)
ip

max max, max
S < M™o

wies  VLVE (46)

0<C— Y GSFiix (G = Do) <Mp™(1-vmx), WLve  (47)
i,

Oga);ﬁtmm\M:Elguzbultmlm Vi7v¢7Vt (48)
0 < Gfy = Gl < MBS (1 =00 ) VAV, VE (49)
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where M M7 M7W,  and MY are big constants,
DM, VXV i 0D VY are auxiliary binary variables associ-

ated with the dual variables.
5.3. Inclusion of probabilistic CBDR VPP models

In Section 5.2, IBDR-VPP is included in the deterministic day-
ahead coordinated operation model. However, to include CBDR-
VPP characterized by probability distributions, the distributions
need to be sampled to generate corresponding CBDR-VPP output
scenarios before the deterministic models. The flowchart of the
overall procedure is shown in Fig. 3.
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Fig. 4. Six-bus system with a seven-node natural gas networks.

ENR; = > " pri x Ry (52)

ieSNO

The coupon prices are selected discretely within the surveyed
coupon price range. Each coupon price is sampled to generate a
group of scenarios with the same probability. For each scenario,
the day-ahead scheduling optimization model is a deterministic
one, and the optimal solution has the same probability as the
scenario. Optimize the profit for each scenario and calculate the
expected net profit with (52). Calculate recursively over each cou-
pon price, and select the coupon price that achieves the highest
profit.

6. Case study

The proposed coordinated operation strategy is applied to two
cases consisting of a six-bus electric system with a seven-node
gas system and the IEEE 118-bus system with a 14-node gas sys-
tem to illustrate its effectiveness. Assume 1 Mcm natural gas can
generate 37.26 GJ energy in the case studies (equivalent to assume
1 cubic feet gas to generate 1 million British thermal unit energy).
The coordinated scheduling is carried out on a 24-h time horizon
with a 1-h interval, which is sufficient for gas networks and is also
the current practice in day-ahead electricity markets.

6.1. Six-bus system

The six-bus electric system is modified from [13]. It has five
physical generators, two IBDR-VPPs, and seven transmission lines.
The economic dispatch of the whole system is managed by the ISO,
while the utility company that this paper examines owns and oper-
ates two out of the five generators and two IBDR-VPPs according to
the operational constraints or contracts. The parameters of buses,
generators, branches and the 24-h horizon load data can be found
in C.7 in Appendix C. The two IBDR-VPPs are installed on buses 4
and 5 and both rated at 40 MW. For the coordinated operation
study, we assume unit commitment is performed in advance and
all generators are committed for the whole periods. The seven-
node natural gas system consists of two suppliers, five pipelines,
one compressor, one gas storage, and three residential loads.
Parameters of the gas system can be found in C9, C.10, C.11,
C.12, C.13, and C.14 in Appendix C.

The electric system and the natural gas system are coupled by
the two CCGT units owned by the utility company. Gas loads L,
and L, on nodes 1 and 2 correspond to the gas consumption of
units G1 and G2, determined by the hourly generation output.
Residential natural gas loads are aggregated as L; and L, on nodes
1 and 3 (see Fig. 4). The 24-h horizon residential gas demand is
given in C.15.
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Fig. 5. Locational marginal price of Buses 3 and 5 in Case 1 and Case 2.



To demonstrate the effectiveness of the proposed coordinated
operation approach and illustrate the interactions between electric
network DR and natural gas transmission system, four cases are
considered:

(1) Integrated operation without DR.

(2) Integrated operation with IBDR-VPP.

(3) Integrated operation with IBDR and CBDR-VPP.
(4) Impact of natural gas pipeline outages.

Case 1: Integrated operation without DR: the 24-h operating
profit is maximized with the proposed MILP model with DC power
flow based line-flow constraints and gas network constraints and
without any DR based VPP. The LMP of buses 3 and 5 are shown
in Fig. 5. When the electric load peaks at hour 17, units 1-5 are
generating at 0MW, 95.75MW, 13743 MW, 10MW and
12.82 MW, respectively. The expensive unit 1 is not generating
because it is the marginal unit at that hour, and any output change
would raise the LMP and reduce the profits. Although the residen-
tial gas load peak does not coincide with the electric load peak, the
total natural gas demand peaks at hour 17, and pipeline 2 trans-
mits at its maximum capacity of 107.9 Mcm/h. The optimized daily
operating profit for Case 1 is $27,732.

Case 2: Integrated operation with IBDR-VPP: Two interruptible-
load based VPPs described by (29)-(32) are set on-line at buses 4
and 5 in the electric grid, while all other parameters remain
unchanged. The contract price for dispatching virtual generation
can be set as time varying, but for the sake of simplicity, it is
assumed to be $25/MW for hours 1-12, and $40/MW for hours
13-24, respectively. To motivate the utility company, the contract
price is typically lower than the generator unit marginal costs.
Table 1 shows the scheduling of IBDR-VPP which are initially off-
line but dispatchable.

The LMP on buses 3 and 5 are plotted in Fig. 5. At LMP critical
hours, taking hour 9 to hour 12 as an example, the dispatch of
VPP may affect the binding constraints in the model and therefore
change the LMP. Although the dispatch of VPP does not guarantee a
drop in LMP, it always counteracts the impact of increasing load on
LMP. Comparing to Case 1, the generation outputs of the coordi-
nated CCGT units remain the same at hour 17, but they are reduced
from 0 MW, 83.75 MW, 137.43 MW, 10 MW and 12 MW in Case 1
to 18.19 MW, 27.78 MW, 100 MW, 10 MW and 10 MW at hour 19,
respectively. Note that VPP does not kick in at hour 17 due to the
profit maximization objective.

Comparison between the gas flow through pipeline 2 and pipe-
line 4 is shown in Fig. 6. Changes of gas flow through these two
pipelines matter because they are connected to terminal nodes
that have both residential gas demand and CCGT units. Although

Table 1
Hourly IBDR-VPP scheduling of Case 2.
1 2 3 4 5 6
Daily profit: $36,341
1 15.2 40.0 0 0 0 0
2 40.0 52 0.0 0.0 0.0 0.0
7 8 9 10 11 12
1 0.0 0.0 40.0 40.0 40.0 40.0
2 0.0 0.0 37.7 40.0 40.0 40.0
13 14 15 16 17 18
1 0.0 0.0 0.0 0.0 0.0 0.0
2 0.0 0.0 0.0 0.0 0.0 0.0
19 20 21 22 23 24
1 40.0 40.0 40.0 40.0 0.0 0.0
2 40.0 40.0 40.0 40.0 0.0 0.0
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Fig. 6. Gas flow through Pipelines 2 and 4 in Case 1 and Case 2.
Table 2
VPP scheduling of Case 2 in 1.0x and 1.2x residential gas load.
18 19 20 21 22 23
New daily profit: $35,196
1 0 40 40 40 40 0
2 0 40 40 40 40 0
1 0 0 40 40 40 40
2 20.58 26.65 40 40 0 0

the VPP is off-line at hours 15-18, it does not help to reduce the
pipeline flow until hour 19. This is a reasonable solution for the
objective defined in the model to maximize the daily profit, as long
as all the electricity transmission and gas supply network con-
straints are satisfied. In other words, any change in the schedule
of VPP in hours 15-18 would change the schedule afterwards
and reduce the profit in hours 19-22, resulting in an overall profit
loss.

Other than pure profit-driven motivation, IB-VPPs are also
observed to help mitigate natural gas pipeline congestion in
extreme cases where the coordinated operation problem would
be infeasible without IB-VPP. Multiply the residential gas demand
by 1.2 throughout the day and solve Case 2 again; the VPP schedul-
ing changes between hour 18 to hour 23 are listed in Table 2. In
this case, VPP is dispatched at hours 18 and 23 to reduce the pipe-
line flow and avoid the infeasibility of the problem, at the cost of
the reduced profit $1145.

Case 3: Integrated operation with IBDR-VPP and CBDR-VPP: The
inclusion of coupon-based on top of Case 2 involves sampling from
a probability distribution described in Section 4. A scenario-based
approach is adopted by maximizing the expected net profit (ENP)
problem consisting of a set of individual problems with different
scenario data inputs. Details of the scenario-based approach are
omitted due to space limits but can be found in [18]. As for the
parameters, 50% of the residential electricity load is assumed to
be responsive to coupons, aggregated as CBDR VPPs. The coupon
price range is set from 0 to $5 of the bus LMP and is evenly divided
into 6 levels, where the coupon level 0 is equivalent to Case 2.

As observed from the results shown in Fig. 7, the profit
increases at coupon level 1 (AENP > 0), falls back to the initial value
at coupon level 2, and decreases sharply after coupon level 3. The
profit increase is explained by the shifted operating point that
increased the LMP at bus 2, which allows the utility company to
receive more payment than Case 2. The declination of profit is
due to the reduced output of IBDR-VPP and CCGT units and the
consequent reduced payment, as well as the unnecessary coupon
costs.
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Fig. 8. Comparison of hourly system snapshots considering Pipeline 2 outage.

Case 4: Impact of natural gas pipeline outage:

Natural gas pipeline outage is a contingency that has serious
consequences in integrated energy systems with high CCGT unit
capacity. Insufficient generation from CCGT units due to pipeline
outage may incur high DR dispatch and load shedding. In this case,
the outage of pipeline 2 between nodes 2 and 5 at peak hours 21-
24 cuts off the gas transmission from supplier 1 to gas loads on the
lower branch. The comparison of pipeline flow and the output of
strategic generator 2 is shown in Fig. 8.

Pipeline outage in hours 21-24 directly causes a supply
shortage of natural gas on bidding generator 2 and reduces its out-
put to a lower level, as shown in Fig. 8. To compensate for the elec-
tricity supply shortage, the scheduling of IBDR-VPP is changed to
on-line at hours 21-24, shown in Fig. 8(c). Fig. 8(d) plots the output
of non-bidding generator 1 over the studied periods.

6.2. IEEE 118-bus system

In this section, a large gas and electricity integrated system con-
sisting of a modified IEEE 118-bus system and a 14-node gas net-
work [13] is used to demonstrate the validity of the proposed
method. In the modified 118-bus system, 12 out of 73 generators
are CCGT, which are owned and operated by the utility company.
On buses 4 and 6, IBDR-VPP are installed and rated at 40 MW,
while on buses 3, 4, and 6 CBDR-VPP are implemented. The elec-
tricity network also contains 186 branches and 91 physical loads,
which peak at 7 300 MW. In the natural gas supply network, 3
gas wells, 12 pipelines, 2 compressors and 5 residential gas load
are included. The whole system structure is shown in Fig. 9.

Simulation scenarios are designed in the following way: (1) a
case without any DR based VPP; (2) a case with only IBDR-VPP;
(3) 5 cases with only CBDR-VPP at different coupon levels; (4) 5
cases with IBDR-VPP and CBDR-VPP at different coupon levels. It
can be seen from the profit listed in Table 3 that implementation
of both IBDR-VPP and CBDR-VPP can gain more profit from day-
ahead coordinated operation. A similar declining trend in profit
from CBDR-VPP along with the increasing coupon rebate level is
also observed in the IEEE 118-bus case, implying that, for the load
of the same elasticity, there exists an optimal coupon incentive to
achieve the maximum profit. However, it should be noted that the
optimal coupon incentive value cannot be optimized from a deter-
ministic model as CBDR-VPP is considered by means of scenarios.

Pipeline flows in the natural gas supply system are also affected
by DR based VPPs. Let Case 1 be the base case, the changes in gas
flow in pipelines 2 and 3 in Case 2 to Case 4 under coupon level 1 is
depicted in Fig. 10. In this 14 node gas network with sufficient sup-
ply capability, although not significantly reducing any congestion,
IBDR-VPP and CBDR-VPP shifts some gas flow from pipeline 3 to
pipeline 2 by reducing the output of CCGT generator 69, and
reduced the overall gas natural gas demand at peak hours. Finally,



Fig. 9. IEEE 118-bus system with a 14-node gas network.

Table 3
Total profit of the utility company with and without VPPs in dollars.

Cases No VPP IBDR-VPP CBDR-VPP Both

CL-1 68,917 74,841 69,600 75,523

CL-2 - - 67,360 73,284

CL-3 - - 62,927 68,850

CL-4 - - 55,576 61,498

CL-5 - - 45,790 51,712
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Fig. 10. Change of gas flow in Pipelines 2 and 3 comparing with Case 1.

LMP in the market is only affected to the second decimal place due
to the relatively small scale of this utility company.

7. Conclusions

This paper presents a bi-level optimization model for day-ahead
coordinated operation of an electricity a network and natural gas

system. In this paper, the electricity market clearing process is
modeled and incorporated into the coordinated operation model
to formulate a MPEC model, wherein the non-linear components
are linearized and the DR is modeled as a VPP in the electricity
network.

The main conclusions from case studies are:

1. The profit increase from VPP’s bidding in electricity market
depends on the type of VPP: IBDR-VPP can guarantee no less
profit than the case without any VPP; however, CBDR-VPP
may increase or reduce the overall profit depending on the cou-
pon price level.

2. The LMP in electricity markets can see reductions with the par-
ticipation of VPP. The reduction level is dependent on system
size and utility scale; in the six-bus system, this effect is more
significant than in the larger IEEE 118-bus system.

3. DR based VPP can help to reduce natural gas network
congestion at peak gas demand hours at the cost of reduced
profits.

Future work on this topic is to consider renewable energy inte-
gration and energy storage deployments.
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Appendix A. Linearization of the product term in (19)

According to strong duality theorem, the objective function of
the primal problem is equal to that of the dual problem at the
optimum. The lower-level object (22) at each time step is given as:
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Electric parameters of generators.

a> Unit Prin (MW Prnax (MW R (MW/h Initial output (MW
+Zw1mm 0 in i min (MW) max (MW) (MW/h) iti put (MW)
G1 0 60 50 0
G2 0 200 70 50
N min[ .+ STGSF, . x D 3 100 200 55 100
zl:'u ! ! Z i G4 10 60 50 10
G5 10 20 20 10

+ Zu‘““ (—C, — GSFi; x Di>
i

(A1)

. . Table C.6
With (28), the non-linear product term can be expanded as: Ta ens
ransmission network parameters.
s | AV _ (S | AV
ZTCi (Gi + Gi ) = Z’ll (Gi + Gi ) Branch From bus To bus R (p.u.) X (p.u.) Flow limit (MW)
i i
Line 1 1 2 0.005 0.17 200
v min _max Line 2 1 4 0.003 0.258 100
+ Z ( +Gi )ZGSFI i —H )] (A2) Line 3 2 4 0.007 0.197 100
i Line 4 5 6 0.002 0.14 100
From the equilibrium constraints (36) and (37) the following TF 1 2 3 0 0.037 100
equivalents are obtained: TF2 4 5 0 0.037 100
0 ) PS 1 3 6 0.0005  0.018 100
i, lTIlHG i, lTIlHGl min (A3)
¢ _ n® ¢
i, maxG wl maxG1 max (A4)
Combining (35), (A.3) and (A.4) with (A.Z) yields: Table C.7
Electricity load data of 24 h.
nGP =Y Gl = 3 (0faG, Gl A5
Z ' Z ' Z i,min ~imin "~ 'max himax (A-5) Hour Load Hour Load Hour Load Hour Load
(MW) (MW) (MW) (MW)
Substituting (A.1) into (A’S) renders: 1 175.19 7 17339 13 24218 19 24597
2 165.15 8 190.40 14 24360 20  237.35
Zn,Gi = ’IZD Zw, maxGimax + Zw! minCimin 3 15867 9 20556 15 24886 21  237.31
Lo ! 4 154.73 10 217.20 16 25579 22 22714
5 155.06 11 228.61 17 256 23 201.05
6 160.48 12 236.10 18 24674 24 196.75

+ Z'ulmin <C1 + ZGSF[,,‘ X D,>
I i
+ Zumax <—cl — > GSFLi x D,~> > oG (A.6)
i i

Table C.8
Yo € {S,V}, Vifor (A.5) and(A.6) (A7) Electric load distribution factor.
Load 1 2 3
Appendix B. Linearization of quadratic costs Bus o, 3 2 5
Factor 0.4 0.3 0.3
The linearized cost function for generator i at time t is given by: IBDR price ($/MW h) 50 50 50
Wi, = picio+ ;Y Kicdice, ViVEVT=1,2,.. NL (B.1)
T
Gie = Gimin + > _dics (B2)  Tableco
T Parameters of natural gas nodes.
die1 < Tix — Gimin (B.3) Node no. Min pressure (kPa) Max pressure (kPa)
Sioe <Tiv—Tir B4 1 724.0 1054
P s The Tt B4 2 9563 1172
. 3 1034 1344
bi,t,NL,- g Gi.max - Ti,r—l (B5) 4 482.63 689.47
R 5 1034 1379
itz =0 (B.6) 6 1103 1655
7 689.47 956.3
Appendix C. Six-bus system parameters
Tables C4, C5,C6,C.7,C8,C9,C.10,C11,C12,C13,C14 and C.15.
Table C.10

Table C.4

Parameters of gas pipeline.
Heat parameters of generators. gas pip

Unit  af (G/MW?h)  bf(G/MWh)  f(GJ/h)  Gas price ($/GJ) Index From node To node Ky (Mcm/kPa)
Gl 0.0011 47.46 179.28 6.57 Pipe 1 1 2 9.87
G2 0.0021 42.18 147.65 6.57 Pipe 2 2 5 7.32
G3 0.0004 58.00 186.61 6.57 Pipe 3 5 6 8.84
G4 0.0011 73.82 137.07 6.57 Pipe 4 3 5 8.49
G5 0.0053 68.55 144.91 6.57 Pipe 5 4 7 9.78




Table C.11

Parameters of compressor.

Index Inlet node Outlet node o K K> Rmin ~ Rmax
C1 4 2 025 0123 0075 16 245

Table C.12
Parameters of compressor (continued).
Index  af bf of Node  Hpyn Himax
(GJ/MW?h)  (GJ/MWh)  (GJ/h) (kW) (kW)
C1 0 0.22 52.73 2 298.28  447.42
Table C.13

Parameters of natural gas well.

Supplier no. Node no. Min output (Mcm/h) Max output (Mcm/h)
1 7 65.14 150.10
2 6 28.32 169.92

Table C.14
Parameters of gas load.

Load no. Node no. Distribution factor

L1 1 Gas consumption of Gy

L2 2 Gas consumption of G,

L3 1 2/3 of residential gas load

L4 3 1/3 of residential gas load
Table C.15

Residential gas load data of 24 h.

Hour Gasload Hour Gasload Hour Gasload Hour Gas load

(Mcm/h) (Mcm/h) (Mcm/h) (Mcm/h)
1 147.83 7 158.03 13 169.92 19 185.21
2 139.33 8 171.62 14 161.42 20 192.00
3 132.53 9 175.02 15 163.12 21 188.61
4 134.24 10 179.55 16 166.52 22 185.21
5 116.11 11 173.32 17 171.62 23 171.62
6 159.70 12 173.32 18 176.72 24 156.33
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